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Abstract— In master-slave teleoperation applications
that deal with a delicate and sensitive environment, it
is important to provide high-fidelity haptic feedback of
slave/environment interactions to the user’s hand. For
haptic teleoperation, in addition to a haptics-capable
master interface, often one or more force sensors are
also used, which warrant new bilateral control archi-
tectures while increasing the cost and complexity of the
teleoperation system. In this paper, considering a four-
channel architecture, we investigate the added benefits
of using force sensors that measure hand/master and
slave/environment interactions and utilizing local feed-
back loops on teleoperation transparency. Furthermore,
we propose a novel method for incorporating wave
transformation delay compensation technique in the four-
channel architecture, which is the best architecture for
providing transparency. It is demonstrated that the pro-
posed teleoperation architecture is capable of providing
absolute stability as well as ideal transparency under time
delay and the corresponding conditions for each of these
two operation modes have been derived. Experimental
results in support of the developed theory are provided.

Index Terms— Bilateral teleoperation control, trans-
parency, passivity, wave transformation, haptics.

1. INTRODUCTION

A master-slave teleoperation system consists of a
slave robot and a master human-machine interface
(HMI) from which the human operator controls the
slave and is provided with visual feedback from the
slave side. In teleoperation applications that deal with
a delicate and sensitive environment such as soft-tissue

surgery, it is important to also provide feedback of
slave/environment contact forces (haptic feedback) to
the user’s hand. Such feedback is shown to enhance
human performance [1].

The first issue addressed in this paper (Section 3) is
the extent of benefits added by two force sensors and the
effects of the resulting 4-channel (4CH) bilateral control
structure on teleoperation stability and transparency,
which can be compromised due to implementation
issues and changes in the environment dynamics. We
also study the effect of local force feedback loops
in terms of improving the robustness of teleoperation
system stability and performance against time delays
in a teleoperation system.

Scattering approaches which inherently preserve pas-
sivity are theoretically able to stabilize a teleopera-
tion system independent of transmission delays [2].
A more physically motivated reformulation of these
ideas led to the introduction of wave theory [3], which
provides a framework for designing and analyzing
bilateral teleoperation systems. However, so far these
concepts have only been applied to a two-channel
(2CH) position error-based (PEB) teleoperation system.
Having demonstrated the unrivalled advantage of the
4CH architecture from a transparency perspective for
the delay-free condition, as the second issue addressed
in this paper (Section 4), we extend wave theory in a
manner which can be applied to the 4CH architecture,
and compare the transparency of an optimized 4CH
architecture and its less complex three-channel (3CH)
variant with that of a 2CH architecture in terms of the
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hybrid parameters of the equivalent two-port network.
Finally, in the experiments of Section 5, which were

performed using a haptics-enabled master-slave testbed
developed in our lab, the performance of the conven-
tional and wave-based 4CH bilateral control architec-
tures are investigated during soft-tissue palpation tests
in order to validate the theoretical conclusions.

2. STABILITY AND TRANSPARENCY IN HAPTIC

TELEOPERATION

For safe and precise teleoperation, stability and trans-
parency of the master-slave system are essential. A
teleoperation system is said to be stable if the state
variables of the system are bounded at all times. When
communication time delay is not involved, the stability
analysis in a bilateral teleoperation system is straight-
forward. However, this issue becomes difficult when a
communication time delay T is present, because a term
e−sT turns the finite-dimensional system to an infinite-
dimensional one.

As a performance measure, Lawrence [4] has defined
transparency as “the description of the degree of telep-
resence of the remote site available to the human opera-
tor through the teleoperator device”. Transparency of a
bilaterally controlled teleoperator depends on how well
the slave/environment interaction forces are reflected to
the user’s hand by the master. Denoting the hand/master
interaction as fh and the slave/environment interaction
as fe, the dynamics of the master and the slave can be
written as:

fm + fh = Mmẍm, fs − fe = Msẍs (2 .1)

where Mm, Ms, xm, xs, fm and fs are the master and
the slave inertias, positions and control signals (force or
torque), respectively. In an ideally transparent teleopera-
tion system, through appropriate control signals fm and
fs, the master and the slave positions and interactions
will match regardless of the operator and environment
dynamics:

xm = xs, fh = fe (2 .2)

By considering velocities and forces in a teleoper-
ation system as currents and voltages, an equivalent
circuit representation of the system can be obtained [5]
(Figure 2 .1), in which impedances Zh(s) and Ze(s)
denote dynamic characteristics of the human operator’s
hand and the remote environment, respectively. Here,

Fig. 2 .1. Equivalent circuit representation of a teleoperation
system.

F ∗h and F ∗e are respectively the operator’s and the
environment’s exogenous input forces and are indepen-
dent of teleoperation system behavior. It is generally
assumed that the environment is passive (F ∗e = 0) and
the operator is passive in the sense that he/she does not
perform actions that will make the teleoperation system
unstable.

To evaluate the transparency of teleoperation, the
hybrid representation of the two-port network model
of a master-slave system is most suitable. In this rep-
resentation:[

Fh

−Ẋs

]
=

[
h11 h12

h21 h22

] [
Ẋm

Fe

]
(2 .3)

Note that we have used velocities in the hybrid rep-
resentation rather than positions. This convention does
not affect stability and transparency, although it might
possibly cause small offsets between master and slave
positions (steady-state errors in positions or position
drifts) [4]. From (2 .2) and (2 .3), perfect transparency
is achieved if and only if the hybrid matrix has the
following form

Hideal =

[
0 1
−1 0

]
(2 .4)

Each element of the H matrix has a physical mean-
ing. The hybrid parameter h11 = Fh/Ẋm|Fe=0 is
the input impedance in free-motion condition. Nonzero
values for h11 mean that even when the slave is in
free space, the user will receive some force feedback,
thus giving a “sticky” feel of free-motion movements.
The parameter h12 = Fh/Fe|Ẋm=0 is a measure of
force tracking for the haptic teleoperation system when
the master is locked in motion (perfect force tracking
for h12 = 1). The parameter h21 = −Ẋs/Ẋm|Fe=0

is a measure of position (velocity) tracking perfor-
mance when the slave is in free space (perfect posi-
tion/velocity tracking for h21 = −1). The parameter
h22 = −Ẋs/Fe|Ẋm=0 is the output admittance when
the master is locked in motion. Nonzero values for h22

indicate that even when the master is locked in place,



Fig. 3 .1. 4CH bilateral teleoperation system without time delay.

the slave will move in response to slave/environment
contacts.

3. DELAY-FREE 4CH ARCHITECTURE

For achieving the ideal delay-free response (2 .4),
various teleoperation control architectures are proposed
in the literature. These control architectures are usually
classified as position-force (i.e. position control at the
master side and force control at the slave side), force-
position, position-position, and force-force architec-
tures. Among these four architectures, in order to have
a stiff slave, we are interested in those in which the
slave is under position control, namely position-position
and force-position. A more general classification is
by the number of communication channels required
for transmitting position and force values from the
master to the slave and vice versa in each bilateral con-
trol architecture. Under this classification, the above-
mentioned control architectures are called two-channel
(2CH). In this section, we discuss the stability and
transparency of a 4CH architecture.

Figure 3 .1 depicts a general 4-channel (4CH) bilat-
eral teleoperation architecture [4], [6]. This architecture
can represent other teleoperation structures through
appropriate selection of subsystem dynamics C1 to C6.
The compensators C5 and C6 in Figure 3 .1 constitute
local force feedback at the slave side and the master
side, respectively. The H-parameters for the 4CH ar-
chitecture in Figure 3 .1 are:

h11 = (ZtsZtm + C1C4)/D

h12 = [ZtsC2 − (1 + C5)C4]/D

h21 = −[ZtmC3 + (1 + C6)C1]/D

h22 = −[C2C3 − (1 + C5)(1 + C6)]/D (3 .1)

where D = −C3C4 + Zts(1 +C6) and Ztm = Mms+
Cm(s) = Mms + kdm + kpm/s and Zts = Mss +
Cs(s) = Mss+ kds + kps/s.

Fig. 3 .2. A generalized description of a bilateral teleoperation
system in terms of scattering parameters.

In contrast to the 2CH architectures, a sufficient
number of parameters (degrees of freedom) in the 4CH
architecture enables it to achieve ideal transparency. In
fact, by selecting C1 through C6 according to

C1 = Zts, C2 = 1 + C6,

C3 = 1 + C5, C4 = −Ztm (3 .2)

the ideal transparency conditions (2 .4) are fully met.
For analysis of stability, we need to use the scattering

theory, which is a powerful tool for investigation of
absolute stability in two-port networks. Figure 3 .2
depicts a scattering matrix representation of a bilateral
teleoperation system and is expressed by b = S(s)a.
Here, a = [a1 a2]T and b = [b1 b2]T are respectively
the input and output waves of the teleoperation system,
and are related to equivalent voltages and currents as
a = (F + n2Ẋ)/2 and b = (F − n2Ẋ)/2 where
F = [Fh Fe]

T
, Ẋ = [Ẋm −Ẋs]

T
, and n is a

scaling factor.
Theorem 3.1: The necessary and sufficient condition

for stability in a reciprocal two-port network (S12 =
S21) with an RHP-analytic scattering matrix S(s) that
is terminated with a passive operator and a passive
environment is [7]:

σ̄[S(jω)] ≤ 1 (3 .3)

where σ̄ represents the maximum singular value of
S(jω). In the case of a non-reciprocal two-port net-
work, the passivity condition (3 .3) in only a sufficient
condition for stability. ♦

Theorem 3.2: The necessary and sufficient condition
for absolute stability of the 4CH teleoperation system of
Figure 3 .1 under ideal transparency conditions is that
all coefficients of polynomial

D = C3Ztm + C2Zts

= (MmC3 +MsC2)s2 + (kdmC3 + kdsC2)s

+ kpmC3 + kpsC2 (3 .4)

have the same sign.



Proof: In the 4CH architecture, when the ideal
transparency condition set (3 .2) holds, the hybrid ma-
trix is

H =

[
0 D

D

−D
D 0

]
(3 .5)

where D is found to be as given in (3 .4). The above
hybrid matrix corresponds to the following scattering
matrix:

S =

[
−D2+D2

2D2
2D2

2D2

2D2

2D2
D2−D2

2D2

]
(3 .6)

For scattering matrix S in (3 .6) to be RHP-analytic,
D has to be Hurwitz. The necessary and sufficient
condition for D being Hurwitz is that all the coefficients
have the same sign. In this case, S can be simplified to

S =

[
0 1
1 0

]
(3 .7)

Both of the singular values of this matrix are equal to
1. Therefore, since under ideal transparency condition
the system is reciprocal, according to (3 .3), the sys-
tem is absolutely stable iff all the coefficients in the
polynomial D given in (3 .4) have the same sign.

A. Stability and performance robustness

It should be noted that under ideal transparent con-
ditions, i.e., when the singular values of S(s) are 1,
the passivity (and stability) critically depends on exact
implementation of control laws and having the exact
dynamics of the master and the slave as any non-
ideality might increase the maximum singular value
beyond unity. Such a low stability margin can be
explained by the trade-off that exists between stability
and transparency in bilateral teleoperation [4], [8].

One of the non-idealities that exists in practice is the
processing delay and communication latency between
the master and the slave. In the presence of time
delay Td, in an ideally transparent bilateral teleoperation
system,

H =

[
0 e−sTd

−e−sTd 0

]
,

S =

[
−tanh(sTd) sech(sTd)
sech(sTd) tanh(sTd)

]
(3 .8)

It can be shown that σ̄(S) for this scattering matrix is
unbounded, consequently this system cannot maintain
stability for all passive operators and environments.
However, when Zh and Ze are factored in the analysis,

Fig. 3 .3. The transparency transfer function magnitude for round-
trip delays of Td = 30 msec (top) and Td = 300 msec (bottom).

the teleoperation system loses its reciprocity property
and therefore, although not passive, it can be stabilized
by proper choices of Zh and Ze [9].

In the 4CH architecture under time delay, when
the ideal transparency condition set (3 .2) holds, the
operator’s side transparency transfer function can be
defined as

Gop =
Zt

Ze
(3 .9)

=
ZtmC3 + ZtsC2e

−2sTd + ZtmZts/Ze(1− e−2sTd)
Ze(1− e−2sTd)C3C2 + ZtsC2 + Ztme−2sTdC3

Local force feedback terms C5 and C6 also help
mitigate the undesirable effects of this non-ideality. It
can easily be seen that in the absence of local force
feedback terms (C6 = C2 − 1 = 0, C5 = C3 − 1 = 0),
Gop 6= e−2sTd . However, with nonzero C5 and C6, near-
ideal transparency can be achieved. For instance, taking
C5 = −1, (3 .9) will be reduced to Gop = e−2sTd +
Ztm

ZeC2
(1 − e−2sTd), which approaches the ideal Gop =

e−2sTd by selecting a sufficiently large C2. To further
illustrate this point, Figure 3 .3 shows the magnitude
of the frequency response of the transparency transfer
function Gop for our experimental setup Mm and Ms

(Section 5) with Cm(s) = Mm(80s+1600)/s, Cs(s) =
Ms(80s + 1600)/s, C5 = −1, and one-way delays of
Td = 15 msec (top) and Td = 150 msec (bottom).
Evidently, with an increase in C2, the magnitude of
Gop nears 1 over a relatively wide frequency range.

B. 3CH case

Another potential benefit of the general 4CH archi-
tecture of Figure 3 .1 is that by proper adjustment of
the local feedback parameters, it is possible to obtain



Fig. 4 .1. Wave-based delay compensated PEB 2CH teleoperator.

two classes of 3CH control architectures, which can be
transparent under ideal conditions [9], [10]. The first
class of 3CH architectures is derived by setting C2 = 1
and C3 = 0. As a consequence, C5 = −1 and C6 = 0.
In other words, there is no need for master/operator
interaction force measurement and therefore, the num-
ber of sensors in the system can be reduced. The
second class of 3CH architectures is obtained by setting
C2 = 0 and C3 = 1. In this class, force measurement
at the slave side is not needed. The need for fewer
sensors without imposing additional expense on system
transparency makes the 3CH architectures extremely
attractive from the implementation point of view.

4. DELAYED 4CH ARCHITECTURE

A. Wave Theory Framework

The wave variable approach for time delay compen-
sation in bilateral teleoperation stems from scattering
theory and theoretically guarantees stability under arbi-
trary time delays as long as the incoming and outgoing
wave signals experience a fixed amount of time delay.
The original position error-based wave transformation
method proposed in [3] for a 2CH teleoperation ar-
chitecture encodes power variables velocity and force
(ẋ, f) pre-transmission, as wave variables u and v, as
shown in Figure 4 .1. The corresponding transformation
at the master side is defined as

um = (bẋm + fmd)/
√

2b

vm = (bẋm − fmd)/
√

2b (4 .1)

where b denotes the characteristic wave impedance,
which is a positive constant. In this system, Zm = Mms

Fig. 4 .2. Wave-based 4CH teleoperation system.

and Zs = Mss represent impedances of the single-
DOF master and slave robots, respectively, and F ′h
is the exogenous input force from the operator. The
PD controller C̄s(s) is used for position control at the
slave side. Upon arrival at the slave side, velocity and
force information are extracted from the received wave
variables. The slave side post-reception transformation
is

us = (bẊsd + Fs)/
√

2b

vs = (bẊsd − Fs)/
√

2b (4 .2)

Theoretically speaking, systems expressed in wave vari-
ables become completely robust to constant delays of
any amount or phase lags of any level. In practice, a
wave-based teleoperation system performance can be
degraded due to a number of reasons, among which are
discrete-time implementation of continuous-time con-
trol laws and significant variations in the operator’s be-
havior or the environment impedance. The performance
is particularly degraded for large time delays where
high frequency oscillations appear in the teleoperation
system. In this research, we use lowpass filters W (s)
in the wave domain as shown in Figure 4 .1.

B. Conventional 4CH Architecture under Time Delay

With respect to stability under time delay, conditions
for particular cases of 3-channel architectures including
Zh and Ze were previously derived [9]. These architec-
tures, however, fall short of guaranteeing satisfactory
level of transparency. To further explain this problem,
the environment’s side transparency transfer function
for the general teleoperation system described by the
hybrid model (2 .3) can be defined as Genv = Zr/Zh,
where Zr = Fe/Ẋs according to Figure 2 .1. In a 3CH
architecture (taking C2 = C6 + 1 = 0), we have

Genv = e−2sT + Zts(1− e−2sT )/(ZhC3) (4 .3)

For a large C3, (4 .3) moves toward e−2sT , which is the
ideal condition for transparency in the presence of time



delay. On the other hand, the characteristic equation of
the transfer function from F ′h to Vm (or any other output
in the system) can be calculated as

Zts(e2sT − 1)/C3 + Zee
2sT + Zh = 0 (4 .4)

In order to obtain a necessary and sufficient condition
for stability based on Routh-Hurwitz criterion, we use a
second-order Pade approximation to re-write the char-
acteristic equation (4 .4) as

(3−3sT+s2T 2)ZhC3+(3+3sT+s2T 2)ZeC3+6sTZts = 0
(4 .5)

Assuming Zh = Mhs+ kdh + kph/s and Ze = Mes+
kde + kpe/s, (4 .5) involves a 4th-order polynomial
in s. Application of Routh-Hurwitz theorem to (4 .5)
imposes an upper bound on C3 that is dependent on
time delay T . However, such an upper bound on C3

for stability, limits transparency according to (4 .3).
Similarly, taking the 3CH architecture with C3 = 0
would lead to an upper bound on C2 for stability, which
limits the transparency according to the operator’s side
transparency transfer function Gop = Zt/Ze. This
fact provides the necessary incentive for extending the
concept of passivity-based time delay compensation to
the more flexible 4CH teleoperation architecture such
that the system can remain stable at no penalty on
transparency.

C. Wave-Based 4CH Architecture

So far the passivity-based time delay compensation
approach has been applied only to 2CH architectures.
In order to extend this approach to a 4CH teleoperation
architecture, we need to segregate the communication
channel part of the system in Figure 3 .1 as a two-
port network. Figure 4 .2 shows a possible method for
accomplishing this extension. The non-physical input
effort and flow pair for this two-port network model of
the communication channel are

V1 = C3Fh + C1Ẋm

I2 = C2Fe + C4Ẋs (4 .6)

The master and the slave closed-loop equations can be
written as ẊmZm = −ẊmCm + Fh(1 + C6)− I1 and
ẊsZs = −ẊsCs − Fe(1 + C5) + V2. Therefore, the
non-physical output flow and effort pair are

I1 = Fh(1 + C6)− ẊmZtm

V2 = Fe(1 + C5) + ẊsZts (4 .7)

The communication channel effort and flow relation-
ships in (4 .6) and (4 .7), from which the input and
output pseudo-power functions are calculated, are not
unique but in their presented form they are independent
of knowledge of Ze and Zh, which is an advantage
for implementation. Moreover, it can be easily checked
that for the case of T = 0, V1 = V2 and I1 = I2,
thus the original system of Figure 3 .1 is recovered.
The communication channel can be modelled based on
its inputs and outputs as

[
−I1
V2

]
=

[
c11 c12
c21 c22

] [
V1

I2

]
= C(s)

[
V1

I2

]
(4 .8)

where the matrix C can be defined with respect to the
hybrid matrix of the communication channel as

C(s) = H−1
ch (s) (4 .9)

The outputs of the wave transformation block at the
master side are

I1 = (
√

2bum − V1)/b

vm = (bum −
√

2bV1)/b (4 .10)

and at the slave side are

V2 = bI2 −
√

2bvs

us =
√

2bI2 − vs (4 .11)

Transformation (4 .10) can be derived from the basic
definition of wave variables (i.e., equation (4 .1)) by
taking the flow variable (I1) and vm as the outputs and
the effort variable (V1) and um as the inputs. Similarly,
wave transformation (4 .11) is obtained from (4 .2)
through selecting V2 and us as the outputs and I2 and
vs as the inputs. This arrangement results from the fact
that the input/output relationship for the communication
channel of the proposed 4CH architecture corresponds
to an “inverse hybrid” representation of a two-port
network (i.e., its inputs are V1 and I2 and its outputs
are −I1 and V2, where the directions of the input and
output flows correspond to the convention set in [2]) –
see equation (4 .9), whereas that relationship is in the
form of a hybrid model for the 2CH architecture of
Figure 4 .1.



D. Transparency considerations and 3CH architecture

Applying condition set (3 .2) for ideal transparency
without time delay, the overall hybrid parameters of
the proposed wave-based 4CH teleoperation system in
Figure 4 .2 are given by:

h11 = [(W 2e−2sT − 1)(Z2
ts − b2Z2

tm)]/D2

h12 = 2bWe−sT (ZtmC3 + ZtsC2)/D2

h21 = −2bWe−sT (ZtmC3 + ZtsC2)/D2

h22 = [(W 2e−2sT − 1)(b2C2
2 − C2

3 )]/D2

(4 .12)

where

D2 = b(W 2e−2sT + 1)(ZtsC2 + ZtmC3)

+ (W 2e−2sT − 1)(−b2C2Ztm − C3Zts)

(4 .13)

For asymptotic convergence of the position and torque
errors in Figure 3 .1, the controller gains should be
chosen in accordance with [10] as:

Cs/Cm = Ms/Mm (4 .14)

Using (4 .14), it can be easily shown that Zts/Ztm =
Ms/Mm. Setting h11 from (4 .12) equal to zero under
the ideal transparency condition according to (3 .8)
gives:

bideal = Zts/Ztm (4 .15)

Similarly, for h22 to be equal to zero, we should have

C3/C2 = bideal (4 .16)

Using (4 .15) and (4 .16) in (4 .12), expressions for
h12 and h21 under ideal transparency condition can be
derived as:

h12 = −h21 = W (s)e−sT (4 .17)

Equation (4 .17) means that for W (s) = 1, the condition
set (3 .2) along with equations (4 .15) and (4 .16) are
delayed ideal transparency provisions for the proposed
4CH architecture of Figure 4 .2.

It can be shown that a teleoperation system repre-
sented by the delayed ideally transparent hybrid matrix
in (3 .8) cannot preserve passivity [2]. Therefore, a sta-
bility study in this case also needs to factor Zh and Ze.
For the teleoperation system under ideal transparency
conditions, if Zts is Hurwitz (kds, kps > 0), the input

admittance transfer function based on the input F ′h and
the output Ẋm can be simplified to

Yin = (Zh + Zee
−2sT )−1 (4 .18)

In order to present a descriptive stability analysis of an
ideally transparent delayed teleoperation system, it is
possible to use Pade approximation to simplify the char-
acteristic polynomial in (4 .18) and apply the Routh-
Hurwitz theorem assuming Zh = (Mhs

2+kdhs+kph)/s
and Ze = kpe/s. For mathematical tractability, we use a
first-order Pade approximation e−2sT ' (1− sT )/(1 +
sT ) to re-write the characteristic equation in (4 .18) as

MhTs
3 + (kdhT +Mh)s2 +

(−kphαT + kphT + kdh)s+ kphα+ kph = 0

(4 .19)

where α = kpe/kpm. Applying Routh-Hurwitz theorem
to (4 .19), the following condition on α as the necessary
and sufficient condition for stability of the system
represented by (4 .18) will be derived

α =
kpe

kph
<
kdh(Mh + kdhT + kphT

2)
kph(2Mh + kdhT )T

(4 .20)

Equation (4 .20) sets an upper bound on the remote
environment stiffness kpe depending on the operator pa-
rameters and time delay. Generally speaking, condition
(4 .20) is easy to meet particularly under small delays
or with compliant environments, or through operator’s
adaptation to the remote environment characteristics.

Deriving a wave-based 3CH architecture from the
proposed wave-based 4CH architecture under ideal
transparency provisions only affects h22. In order to
explain this further, assume under condition set (3 .2)
and provisions (4 .14) and (4 .15) that only the slave
unity local force feedback is used (i.e., C5 = −1 and
C6 = 0). It can be easily shown that h11, h12, and
h21 still keep their ideal transparency values after this
rearrangement. However, the new h22 is

h22 = (W 2e−2sT − 1)/(2Ztm) (4 .21)

According to (4 .21), the bigger the magnitude of Ztm,
the closer h22 is to its ideal value of zero. This
result suggests that this 3CH architecture is suitable
for applications in which the master is heavy. On the
other hand, if only the master unity local force feedback
is used (i.e., C6 = −1 and C5 = 0), while h11, h12,



and h21 remain unchanged from their ideal transparency
values, the new h22 is given by

h22 = (1−W 2e−2sT )/(2Zts) (4 .22)

which shows that the second 3CH architecture is suit-
able for applications with a heavy slave robot.

5. HAPTIC TELEOPERATION EXPERIMENTS

A. Experimental setup

For experimental evaluation of the different haptic
teleoperation control methods described in Section 3
and 4, we used a bilateral master-slave system devel-
oped for endoscopic surgery experiments. Through a
user interface (master), the user controls the motion
of a surgical tool (slave) and receives force/torque
feedback of the slave/tissue interactions. The devel-
oped master user interface is capable of providing the
user with force feedback in all five DOFs available
in endoscopic surgery (pitch, yaw, roll, insertion, and
handle open/close) [11]. The developed slave endo-
scopic instrument is also capable of measuring in-
teractions with tissue in all the five present DOFs
[12]. In the experiments in this paper, the master and
slave subsystems were constrained for force-reflective
teleoperation in the twist direction only (i.e. rotations
about the instrument axis). The digital control loop
is implemented at a sampling frequency of 1000 Hz.
The friction and gravity effects present in the master
were determined and compensated for such that the
user does not feel any weight on his/her hand when
the slave is not in contact with an object. The friction-
compensated master is represented as τm = Mmθ̈m

where Mm = 5.97 × 10−4 kgm2. Using a similar
method, the slave’s model was identified as τs = Msθ̈s

where Ms = 9.8× 10−3.

B. Soft-tissue palpation tests

In a palpation test, the user twists the master back
and forth causing the slave to repeatedly probe a
soft tissue using a small rigid beam attached to the
slave’s end-effector for 60 seconds. The user receives
haptic feedback of instrument/tissue interactions in real-
time. In addition to the above-mentioned tests and to
further investigate the relative transparency of systems,
a second set of free-motion tests are performed, which
in conjunction with the previous contact-mode tests,

Fig. 5 .1. Position and force profiles for the 3CH teleoperation
system with C3 = 0 and C5 = −1.

can be used to determine the hybrid parameters of the
teleoperation system in the frequency domain. In the
free-motion tests, the master is moved back and forth
by the user for about 60 seconds, while the slave’s tip
is in free space. Since fe = 0, the frequency responses
h11 = Fh/Xm and h21 = −Xs/Xm can be found by
applying spectral analysis (MATLAB function spa) on
the free-motion test data (for the two-port hybrid model
based on positions rather than velocities). By using the
contact-mode test data, the other two hybrid parameters
can be obtained as h12 = Fh/Fe − h11Xm/Fe and
h22 = −Xs/Fe − h21Xm/Fe.

In practical implementation of the 4CH architecture,
we do not consider the acceleration terms in the con-
trollers C1 and C4 given in (3 .2) as a noise reduction
measure. Moreover, we limit our experimental study to
the case where C6 = 0. The reason for this is that, as
reported in [9], master local force feedback (C6 6= 0)
is suitable for operations in which the environment
is heavier, has more damping and is stiffer than the
operator’s arm such as in remote excavation (as opposed
to soft tissue applications).

1) Delay-free Experiments: Figure 5 .1 shows the
master and the slave position and torque tracking pro-
files for the 3CH teleoperation system in which C2 = 1,
C6 = 0, C3 = 0, C5 = −1, and Cm and Cs were the
same values of Section 3-A. Figures 5 .2 and 5 .3 show
similar profiles for the same choice of C2 and C6 but
for C3 = 0.5, C5 = −0.5 (4CH system no. 1) and
C3 = 1, C5 = 0 (4CH system no. 2), respectively.
As can be seen, as the local force feedback gain at
the slave is reduced (i.e., lower |C5|), the contact-
mode position tracking and, more significantly, force
tracking performance deteriorate. This can partially be



Fig. 5 .2. Position and force profiles for the 4CH teleoperation
system with C3 = 0.5 and C5 = −0.5 (4CH-1).

attributed to the fact that when the slave local force
feedback is reduced, there is an increased level of
contribution of the observed force in the slave control
action (C3fh), which pronounces observation errors.
Figures 5 .1, 5 .2 and 5 .3 show that the 3CH architecture
(with C3 = 0) can lead to at least an equal level of
performance compared to the 4CH architecture while
it needs one force sensor less. The 3CH architecture is
also superior in the sense that generally a higher gain of
the slave local feedback (i.e., higher |C5|) allows for a
lower gain of master force feedforward (i.e., lower C3)
and consequently higher stability margin at no extra
penalty on transparency. The magnitudes of the hybrid
parameters of the 3CH and the two 4CH teleoperation
systems are shown in Figure 5 .4. As can be seen,
the magnitude of h12 over low frequencies, which is
indicative of steady-state force tracking error, increases
above 0 dB as the gain of slave local force feedback is
reduced. The slave local force feedback does not affect
free-space position tracking as seen in h21 spectra of
Figure 5 .4.

2) Experiments under Time Delay: Figure 5 .5 shows
the master and the slave contact-mode positions and
torque tracking profiles for a 4CH wave-based archi-
tecture based on the ideal transparency criteria (3 .2),
(4 .15), and (4 .16) with single-way time delay T =
100 ms, C2 = C3 = 0.5, b = 8, Cm = 40Mm(10 + s)
(PD position controller), Cs = 40Ms(10 + s), and
fcut = 1 Hz. Assuming that a dedicated communication
network will be used, our choice of one-way time delay
of 100 ms is conservative since coast-to-coast round trip
communication delays are expected to be of the order of
60 ms. As shown by the operator torque profile in this

Fig. 5 .3. Position and force profiles for the 4CH teleoperation
system with C3 = 1 and C5 = 0 (4CH-2).

Fig. 5 .4. Magnitudes of the hybrid parameters for 4CH teleoper-
ation systems (solid: 3CH, dash-dot: 4CH-1, dashed: 4CH-2).

figure, the human operator can perceive the environment
stiffness through the reflected force and the contact
behavior of the system is stable. Figure 5 .6 shows the
same results for a 3CH wave-base architecture with
only the unity local force feedback at the slave side (no
master local force feedback or C6 = 0 and C5 = −1).
All the other parameters are identical. The contact-
mode results in these two figures indicate that the 3CH
architecture is better suited for our setup in comparison
with the 4CH architecture.

The magnitudes of the hybrid parameters of the
wave-based 4CH and 3CH teleoperation architectures
are shown in Figure 5 .7. The superiority of perfor-
mance in the case of the 3CH architecture can be
attributed to the unity gain of the slave local feedback,
which eliminates the master force feedforward (C3Fh)
contribution in the slave side control action and thus, the
observation errors do not degrade the control signals.
Comparable estimates for h22 in the 3CH and 4CH
architectures, which is against (4 .21), can be a result
of the finite stiffness of the slave and also the backlash



Fig. 5 .5. Position and force tracking profiles for the 4CH wave-
based teleoperation architecture with a single way delay of T =

100 ms.

Fig. 5 .6. Position and force tracking profiles for the 3CH wave-
based teleoperation architecture with a single way delay of T =

100 ms.

present in the slave’s gearhead, which undermine the
accuracy of h22 = −Xs/Fe|Xm=0 estimates.

6. CONCLUSION

This paper studied the stability and transparency
of 4CH bilateral teleoperation control architecture. In
contrast to 2CH architectures, a sufficient number of
design parameters in the 4CH architecture enables it
to achieve ideal transparency. Moreover, a novel 4CH
teleoperation control solution was proposed which uti-
lizes the wave transformation technique as a means of
communication time delay compensation. The proposed
teleoperation architecture was analytically shown to be
capable of offering ideal transparency under time de-
lays. We also studied 3CH variant of the proposed 4CH
architecture, which present suboptimal transparency
comparable to the optimal case under ideal conditions
and are more convenient to implement. Finally, the de-
veloped theories were validated by experimental results

Fig. 5 .7. Magnitudes of the hybrid parameters for the wave-based
4CH and 3CH architectures with a single way delay of T = 100 ms
(dashed: 4CH; solid: 3CH).

extracted from a master-slave setup developed for a
minimally invasive surgery environment.

ACKNOWLEDGMENT

This research was supported by the Natural Sciences
and Engineering Research Council (NSERC) of Canada
under grants RGPIN-1345 and RGPIN-227612, the
Ontario Research and Development Challenge Fund
under grant 00-May-0709 and infrastructure grants from
the Canada Foundation for Innovation awarded to the
London Health Sciences Centre (CSTAR) and the Uni-
versity of Western Ontario.

REFERENCES

[1] D. Repperger, C. Phillips, J. Berlin, A. Neidhard-Doll, and
M. Haas, “Human-machine haptic interface design using
stochastic resonance methods,” IEEE Transactions on Systems,
Man and Cybernetics – Part A, vol. 35, no. 4, pp. 574–582,
July 2005.

[2] R. J. Anderson and M. W. Spong, “Bilateral control of
teleoperators with time delay,” IEEE Trans. on Automatic
Control, vol. 34, no. 5, pp. 494–501, 1989.

[3] G. Niemeyer and J. J. E. Slotine, “Stable adaptive teleopera-
tion,” IEEE Journal of Oceanic Eng., vol. 16, no. 1, pp. 152–
162, 1991.

[4] D. A. Lawrence, “Stability and transparency in bilateral tele-
operation,” IEEE Transactions on Robotics & Automation,
vol. 9, pp. 624–637, October 1993.

[5] B. Hannaford, “A design framework for teleoperators with
kinesthetic feedback,” IEEE Transactions on Robotics and
Automation, vol. 5, pp. 426–434, 1989.

[6] Y. Yokokohji and T. Yoshikawa, “Bilateral control of master-
slave manipulators for ideal kinesthetic coupling–formulation
and experiment,” IEEE Transactions on Robotics and Automa-
tion, vol. 10, no. 5, pp. 605–620, 1994.

[7] J. E. Colgate, “Robust impedance shaping telemanipulation,”
IEEE Trans. on Robotics and Automation, vol. 9, no. 4, pp.
374–384, 1993.



[8] H. Kazerooni, “Human-robot interaction via the transfer of
power and information signals,” IEEE Transactions on Sys-
tems, Man and Cybernetics, vol. 20, no. 2, pp. 450–463,
March/April 1990.

[9] K. Hashtrudi-Zaad and S. E. Salcudean, “Transparency in
time delay systems and the effect of local force feedback for
transparent teleoperation,” IEEE Transactions on Robotics and
Automation, vol. 18, no. 1, pp. 108–114, 2002.

[10] M. Tavakoli, R. V. Patel, and M. Moallem, “Bilateral con-
trol of a teleoperator for soft tissue palpation: design and
experiments,” IEEE International Conference on Robotics and
Automation, pp. 3280–3285, 2006.

[11] M. Tavakoli, R. Patel, and M. Moallem, “A haptic interface for
computer-integrated endoscopic surgery and training,” Virtual
Reality (Special Issue on Haptic Interfaces and Applications),
vol. 9, no. 2-3, pp. 160–176, 2006.

[12] ——, “Haptic interaction in robot-assisted endoscopic surgery:
A sensorized end effector,” The International Journal of Med-
ical Robotics and Computer Assisted Surgery, vol. 1, no. 2,
pp. 53–63, 2005.


